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1. Introduction. Nearness structures were introduced by Herrlich in [5] and have proved useful in unifying various topological structures. Their utility in the study of extensions of a topological space is demonstrated in [2] , [3] , [4] and [6] .
In this paper it is shown that a development for a topological space is a base for a compatible nearness structure. A topological space is shown to be developable if and only if it admits a nearness structure with a countable base. Given a nearness space, necessary and sufficient conditions are provided for the underlying topology to be developable.
Finally, those topological spaces that can be embedded in a complete Moore space are characterized. That is, it is shown that a topological space can be embedded in a complete Moore space if and only if it admits a compatible nearness structure satisfying certain stated conditions. The complete Moore space in which it can be embedded can be recovered, up to a homeomorphism, using Herrlich's completion of a nearness space.
2. Preliminaries. We will assume that the reader is basically familiar with the concept of a nearness space as introduced by Herrlich in [5] and [6].
Definition.
Let A" be a set and ft a collection of covers of X, called uniform covers. Then (X, ¡i) is a nearness space provided that For a given nearness space (X, ft) the collection of sets that are "near" is given by £ = {& c 9(X): {X -A: A G $} G ft). The closure operator generated by a st(x, 0,) c O. Assume £ > 1. Let P E 6k and x E P. Then P = int^t/ n ß for some U E %k and (2 £ \-X-Now U c O which implies P c O. Hence st(x, S4) c O. Thus {0J is a development for (X, t). Theorem 2. Let (X, t) be a symmetric topological space. Then there exists a complete development for X if and only if there exists a compatible nearness structure with a countable base such that each Cauchy closed filter with a countable base has a nonvoid adherence.
Proof. Suppose {0"} is a complete development for (X, t). Then, as shown in the proof of Theorem 1, the collection p, of all covers of X refined by some 0", is a compatible nearness structure with a countable base. Let Í be a closed Cauchy filter with a countable base {€&,-}. Now each 0" G ft, and since f is Cauchy there exist On G 0" and a closed set Fn G <5 such that On D Fn. Set Mn = FnC\ Bnr\ Mn_x; M0 = X, then H $ O H {Bn: n G N) = H {Bn: n G N) D H {Mn:nGN}^0. Now suppose the condition holds. Then there exists a countable base {%} for the compatible nearness structure ft. Then, using precisely the same construction as in the proof of Theorem 1, we obtain a development {0R} for (A', /). Suppose {A/,} is a decreasing sequence of closed sets such that for each n G N there exists 0 G 0" with Mn c O. Let ? be the closed filter generated by the base {A/,}. Then f is Cauchy and hence it clusters. Therefore, fl A/, ^ 0 and {0"} is a complete development for (X, t). Proof. Suppose y is a complete Moore space. Then there exists a complete development {%: i E N} such that {cl^g: Q E %+x} refines %. Set % = {Q n X: Q E %}. Then R {cly(A -(X n ß)): ß E S,} C n {Y -Q: Q E %} = 0. Thus each S, belongs to p. The following important theorem was proved by Bentley and Herrlich in [3] . It is stated here for the convenience of the reader.
Theorem A. For any Tx nearness space (X, |) the following conditions are equivalent.
(\)£is a nearness structure induced on X by a strict extension.
(2) The completion (X*, £*) of(X, £) is topological.
(3) Every nonempty X-near collection is contained in some X-cluster.
Recall a nearness space satisfying the above equivalent conditions is called concrete. (2) follows from Theorem 4 and Theorem A, together with the fact that the completion of a regular nearness space is regular, and its underlying topology is regular [3] .
The author wishes to express his appreciation for the kind suggestions made by the referee. He noted that these results could not be obtained in the category of uniform spaces and thus the generality of nearness spaces is necessary. To see this, F. Burton Jones, in [7] , has shown that there exists a locally connected, connected complete Moore space that is not completely regular (hence, not uniformizable).
Added in proof. It has been called to the author's attention that Theorem 1 was presented by H. Brandenburg at the Symposium on Topology in Beograd in 1977 and announced in the Notices Amer. Math. Soc. 25 (1978), p. A-449.
